TRUONG THPT PHUOC LONG
TO TOAN

BAI TAP TU REN LUYEN G NHA DANH CHO HOQC SINH KHOI 12

BANG CONG THUC NGUYEN HAM
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PHUONG PHAP TINH TiCH PHAN

u(b)
1. Phuong phap d6i bién so dang 1: jf u(x) u'(x)dx = j f(u)du
u(a)

Trong d6: u = u(x) c6 dao ham lién tuc trén K, y = f{u) li€n tuc va ham hop ffu(x)] xac dinh trén K,
a beKk.

2. Phuong phap tich phan titng phan:  N&u u, v 13 hai him s6 ¢6 dao ham lién tuc trén K, a, b
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b b b
€ K thi: Iudv = uv‘a —Ivdu
a a

Chii y: Cdn xem lai cdc phiong phdp tim nguyén ham.

b

b

ta can chon sao cho J vdu dé tinh hon judv.

a

3. Phwong phap dbi bién sé dang 2:

a

f(x) c6 chita Cdch déi bién
x:|a|sint, —%SIS%
a* —x?
hodic x=|a|cost, 0<t<rx
x=|a|tant, —£<t<§
a* +x?
hodic x=|a|c0tt, O<t<nm
x=|,a—|, te{z;z}\{O}
sint 2°2
¥ —a? | |
x=—2 , IE[O;E]\{E}
hodc cost 2

BAI TAP TU LUAN

Bai 1. Tinh céc tich phan sau:

4
a) jx\/xz +9dx

0

e\/1+lnx
—dx

[N

O
~

[S—

_I_

Q
1%

\/1+3lnxlnxdx

X

=
=
——a OY—— o
—
QL
=

T
c) I 02 e sin xdx

=
f) [———
o (L+x%)°

4Inx

1

) '[x(2lnx+1) !

Trong phuong phdp tich phdn tieng phan,
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)] T\/1—0032xdx k) ﬁxz +2x —3dx ) ]r 1—sin xdx
0 0

-T

Bai 2. Tinh céac tich phan sau:

i 3 )
a) Ixsin 2xdx b) I(x +5sin 2 X) cos xdx c) I(x —2)e¥dx
0 0 0
0 oy s e e ||’] X
d) _[x(e +3/x+1)dx e) Jxln xdx f) I—de
-1 1 1 X

BAI TAP TRAC NGHIEM

Cau 1. Tich phan Jl.x(x2 +3)dx bang
0

A 2. B. 1. C.

~N| S
O
I N

1
C&u 2. Tich phan Ie‘xdx bang
0

Ae—1. B.l 1. c.tt D.=
e e e
1 .
Céau 3. Tich phén_[ dx bang:
0 2X+5
A.llogz. B.llnz. C.llnﬁ. D. —i.
2 5 2 5 2 7 35
Cau 4. Tim khang dinh dang trong cac khang dinh sau
1 1 1 1
A. _[sin(l—x)dx:_[sin Xdx. B. J'cos(l—x)dx:—_[cosxdx.
0 0 0 0
. d .3
C. jcos—dx=jcosxdx.D. Isin—dx:.[sin xdx.
0 2 0 0 2 0
1
Cau 5. Tich phan | = [e*dx bang
0
A. e’ -1, B. e?—e. C.e*+e. D. e—e’.
1
Cau 6. Tich phan | = [e*dx bang:
0
2
- 1
A e -1, B. e-1. c. ¢ ! D.e+=.
2 2
o1
Cau 7. Tinh |:j( +3\/;jdx.
o\ 2X+1
A. 2+In4/3. B. 4+In3. C. 2+In3. D. 1+In+/3.
4
1 .
Céau 8. Tich phan dx ban
P ;[\/2x+1 .
A 2. B. 3. C.2. D. \5.
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+X
2

dx .

Cau 9. Tinh tich phan | = [*
1

B. I:2—1.
€

Al =1+

Cau 10. Tich phan [(x+3)" dxbing

R D |

A. 61. B. —.

Cau 11. Tinh tich phan |

Cau 12. Tich phan j bang

2
Cau 13. Tich phén J‘de bang.
0 2X+1

1
A. 2In5. B.EInS.

dx

Cau 14. Tich phén | = >
sin® x

bang?

BN ]y

A. cotz—cotz. B. cot£+cot£.
3 4 3 4

1

C.l=2+=.

w|a
+
|

2

C. In5.

C. —cot£+cot£.
3 4

1
Cau 15. Cho I f (x)dx =3. Tinh tich phan | = I[Zf (x)—1]dx.
i)

-2

A. 9. B. -3.
2

Cau 16. Tich phan [ 2e”dx bing
0

A. e*. B.e*-1.

a

2
Cau 17. Tinh tich phan 1 =Isin(%—xjdx.
0

A l= B. I =-1.

z

R
2

Cau 18. Tich phan J.min{xz,3x—2}dx bing
0

N— B. .
3 6

Cau 19. Tinh jcosx"xsin x dx
0

C. 3.

C. 4e*.

o

wN

. 4In5.

C—cotZ—cotZ |
3 4

.3 -1,
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A —. B. —x".

Cau 20. Tinh J =jxsin xdx .
0

A. —x. B. w.
3

Cau 21. Tinh tich phan IMax{4, X*}dx.
0

A 12, B. 21.

22018

Céau 22. Tinhtich phan I = X .

X
1
A. 1=2018.In2-1. B. | =27,

2
Cau 23. Tich phan | = f 2x—1 dx c6 gié tri bing:
0

A. 1l B. 2.
e
Cau 24. Kétquacua |——==—dx ban
a -([\/2x+1 .
A. 4. B. 5.
Cau 25. Tich phan I =Iidx bang:
. X+3

A. In[4(e+3)}. B. In(e-2).
1
Cau 26. Tinh | =Ie3X.dx.
0

A l=¢"-1, B. I =e-1.

100

Cau 27. Tich phén f x.e”dx bang
0

1

A. = (199" -1). B. 1(199e2°0 -1).
4 2
3 ‘
Cau 28. Tich phén Icostdx bang.
0
PREY g V3,
2 4

2
Cau 29. Tich phan | _% ping
1 3X—2

A. 2In2. B.%InZ.

1
Céau 30. f e*dx bang
0

&8

C. 1=2018.In2.

C. 3.

C.=In2.

D. 9.

C. 1 =2018.

D. 0.

D. 3.

D.In2.
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A.le“—e. B. e* —e. C.le4+e. D.e®—e.
3 3
2
Cau 31. [e*dx bing
1
A. 1(ef’—ez). B. Ze5_¢?. C. e°—¢?, D. 1(e5+e2).
3 3 3
2018 .
Cau 32. Tichphan | = [ 2"dx bing
0
A, 228 1, 22018_1. . 27 . D. 2728,
In2 In2
Cau 33. Tinh tich phan 1 = [ xIn xdx.
1
2 2 2
A=l B.1-%"2 o D. 181
2 2 4 4
et 4
Cau 34. Biét [ f(Inx) dx:4.Tinh tich phan 1 = [ f (x)dx
e 1
A. 1=8. B. | =16. C.1=2 D.1=4.

Cau 35. Biét f(x) laham lién tyc trén R vaJ' x)dx =9. Khi do gia tri Cuaf (3x—3)dx la

0

A. 27 B. 3. C. 24. D. 0.
Cau 36. Cho f x)dx =10 va Ig x)dx=5 . Tinh | _'[[Bf 5g(x) ]dx
A. |—5 B. | =15. C. 1 =-5. D. 1 =10.

Cau 37. Choj x)dx=a . Tinh I = Ixf X +1)dx theo a.

A l=2a. B.|=4a. c.1=2, D.1=2
2 4

4
Cau 38. Cho ham s6 f (x) c6 dao ham trén doan [~14], f(4)=2018, [ f'(x)dx=2017. Tinh
-1

A f(-1)=-1. B. f(-1)=1. c. f(-1)=3. D. f(-1)=2.

IZ'

Cau 39. Cho f laham sé lién tuc thoaJ' x)dx =7. Tinh I_Icosxf (sinx)dx.

A 1l B. 9. C. 3. D. 7.
Cau 40. Cho Jz-f(x2+1)xdx=2.Khi do | =if(x)dx bang

A. 2l B 1. 2 C. -1 D. 4.
Céu 41. Choj x)dx =16.. TlnhI 2x)d

A 16. B.4. C. 32. D. 8.
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2

Cau 42. Choj x)dx =12 . Tinh |=j (3x)d

A.I:6. B.I:36. C.l=2. D.1=4.
2
Céau 43. Biét I%dx:ln(lna+b) V6i @, b Ia céc s6 nguyén duong. Tinh P =a’+b?+ab
1 X*+xInx
A. 10. B. 8. C.12. D. 6.
Cau 44. Biét jwd =a-Inb véi a,b 1a cac sé nguyén duong. Tinh P =a®+b?.
o XT+2x+1
A. 13. B. 5. C. 4. D. 10.
Cau 45. Cho I = In4de c6 két qua dang | =Ina+b véi a>0, beR. Khing dinh nao sau
1 X Inx+2)
day ding?
A. 2ab=-1. B. 2ab=1. C. —b+|ni:—1. D. —b+|ni:1.
2a 3 2a 3

2
Cau 46. Biét tich phan [(4x—1)Inxdx=aln2+b véi a, beZ.Tong 2a+b bing
1

A. 5. B. 8. C. 10. D. 13.
55 , \
Céu 47. Cho | dx 5 =aln2+bIn5+clInll, véi a,b,c la cac so hou ti. Ménh dé nao dudi day
16 XA/ X+
dang?
A. a-b=-c. B. a+b=-c. C. a+b=3c. D.a-b=-3c
21
dx . . .
Cau 48. Cho =aln3+bIn5+clIn7 vaéi a,b,c la cac so hiru ti. Ménh dé nao dudi da
[x\/x+4 y
diang?
A. a+b=-2c. B.a+b=c. C.a—b=-c. D.a—b=-2c

Cau 49. Cho j(2+xln x)dx=ae’+be+c véi a, b, ¢ lacic sb hitu ti. Ménh d& nao dudi day

dang?
A. a+b—— B.a+b=c. C.a-b=c. D.a-b=-c.
Cau 50. Biét j o —Ja—-+b—c véi a,b,c 1a cac sb nguyén duong. Tinh
(X+DJ;+X X+1
P=a+b+c.
A. P=24, B. P=12. C. P=18. D. P=46.
Cau 51. Cho cac sé thyc a,b khac khong. Xét ham s f(x)=ﬁ+bxex v6i moi x khac —1.
X+
Biét f'(0)=-22 vaj x)dx="5. Tinh a+b ?
A. 19. B. 7. C. 8. D. 10.

1 &
Cau 52. Cho ham sb y = f (X) lién tuc trén R va J. f (2X)dXz8. Tinh | = j xf (Xz)dx
0 0

A 4. B. 16. C. 8. D. 32.
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X +€*

Cau 53. Biét j —+ dx=a+e”—e° véi a, b, ¢ lacac sé nguyén. Tinh T =a+b+c

\/;eZX
A.T— 3. B. T=3. C.T=-4. D. T=-5.
3
Cau 54. Biét Id—:aln2+bln5+cln7, (a,b,ceQ). Gia tri cua biéu thuc 2a+3b—c
o (X+2)(x+4)
bing
A. 5. B. 4. C. 2. D. 3.
1
Cau 55. Cho ham sb f(x):%+g+2 ,V6i a, b 1a cac sb hitu ti thoa diéu kién If(x)dx:2—3ln2.
2
Tinh T=a+b.
A T=-1. B.T=2. C.T=-2. D.T=0
. ¢ X a+by/3
C&u 56. Biet tich phan I dx = véi a, b la cac sé thyc. Tinh tong T =a+b.
V3X+1+/2x+1 9
A. T=-10. B.T=-4. C.T=15. D. T=8.
: {(x-1) , N
Cau 57. Tich phan | :I Tl dx=alnb+c, trong do a, b, C la cac s6 nguyén. Tinh gia trj cua
0
biéu thic a+b+c?
A. 3. B. 0. C.1. D. 2.
1 X )
Cau58.Cho [—————dx=a+b2, v6i a,b 12 cac sé hitu ti. Khi do6, gid tri cua a la:
13X+4/9x% -1
3
0 B. 28, c. 2. D. -2,
27 27 26 27
x4+l 4 .
Cau 59. Biét rang_[ X '1 _a- Vb ,Vvoi a, b, c lacac so nguyén duong. Tinh T =a+b+c.
> X+/X—
A. 31 B. 29. C. 33. D. 27.
Cau 60. Cho I—dx=a|n2+bln3+cln5 V6i a, b, ¢ 1a cac sb nguyén. Ménh d& nao dudi
X°+5x+6
daydung?
A. a+b+c=4. B. a+b+c=-3. C.a+b+c=2. D. a+b+c=6.

2 ex
Céau 61. Cho J’%dx:a.e+bln(e+c) voi a, b, ceZ.Tinh P=a+2b—c.

X+e
A P=1. B. P=-1. C. P=0. D. P=-2.
2 COS X 4 :
Cau 62. Choj — _ dx=aln=+b, tinhtdng S=a+b+c
5 SIN“ X—=5sInX+6 c
A. S=1. B. S=4. C. S=3. D. S=0.

e . ; 11
Cau 63. Cho IstxIn(tan x+1)dx =az+bln2+c véi @, b, ¢ lacacs hiruti. Tinh T =E+B_C'
0

A T=2 B.T=4. C. T=6. D.T=-4,
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Cau 64. Cho j4 2\/_ =—+b|n2+c|n3 v6i a, b, ¢ 1a cac sd nguyén. Gid tri ciia a+b+c
+24x+1

béng
A 1l B. 2. C.7. D. 9.
t3+I - : < g A ; :
Céu 65. Cho f i nx _a 2\/5 véi a,b la cac so nguyén. Ménh d¢ nao dudi day dung ?
A a- 2b=12 . B.ab=24. C. a-b=10. D.a+b=10.
. . %3x%+5x-1 2
Cau 66. Gia st rang j—zdx:aln§+b.Khi do, giatricia a+2b la
X_
-1
A. 30. B. 60. C. 50. D. 40.

5
dx ‘ )
Cau 67. Tinhtich phan | ———— duoc kétqua | =aln3+blIn5. Giatri a>+ab+3b? 1a
P J-x\/3x+1 ' a '
A. 4 B. 5. C. 1. D. 0.

dx
Jx+1

A.S—l. B. S=2. C. S=0. D.S=4
Cau 69. Cho biét [ xe”dx :%ezx(ax+b)+C , trong 46 a,beZ va C la hang so bt ki. Ménh dé

Cau 68. Cho Ie " ———=ae’+he+c.Vdia, b, c lacacsd nguyén. Tinh S=a+b+c.

nao duéi day 1a dung,
A a+2b=0. B. b>a. C. ab. D. 2a+b=0.
Cau 70. Cho ham s6 f (X) lién tuc trén khoang (—2;3). Goi F(x) 1a mot nguyén ham cua f (x) trén
khoang (—2;3). Tinh | :Jz-[f (x)+2x]dx, biét F(-1)=1va F(2)=4.
A.1=6. ; B. 1 =10. C. 1=3. D. 1=9.
Cau 71. Biét _2[2xln(x+1)dx:a.lnb,vdi a,beN", b 1asb nguyén té. Tinh 6a+7b.

0
A. 33. B. 25. C.42. D. 39.
3
Cau 72. Cho ham s6 y = f (x) lién tuc, lusn duong trén [0;3] vathoa mén | = [ f (x)dx=4. Khi do
0

gia tri cua tich phan K = j( gt(! X)+4)dx la:

A. 4+12¢. B. 12+4e. C. 3e+14. D.14+3e.

3
Céu 73. Cho tich phan | = [ —————dx néudat t=x+1 thi | Ia
o 1+x+1

A l=

»—-l—.N

(2t -t)dt. B. 1=

H'—;l\)

(2t +2t)d . C. I=j(2t2—2t)dt. D. I=J2.(t2—2t)dt.
1 1

7
CAau 74. Tinh tich phan | I sin dX bang cach dat U =tan X, ménh d& nao dudi day dung?
. cos*
% 2 1 1
A.I:qudu. B.I:I —du. C.I=—J'u2du. D.I:juzdu.
0 0 0 0
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Hinh hoc: PHUONG TRINH MAT PHANG

1. Vécto phap tuyén: n=0 co gia vudng goc véi mp(P) goi 1a VTPT ciia (P).
2. Phwong trinh cia mit phing: Ax +By+Cz+D=0 (A?+B*+C?>0). VTPT n=(A;B;C).

qua diém M(x ;v z,)
mp(®)

> phuong trinh cia (P): A(x —x,)+B(v—v)+Clz—z4) =0

co vipt n =(A:B;C) . .
3. Mit phang chira cac doan chian: mit phang (P) cit cac truc Ox, Oy, Oz lan luot tai A(a;0;0) ,
B(0:b:0) va C(0:0:c). Phuong trinh cua (P) 1a §+ % + % -1,
Dang bai tap viét phwong trinh mit phing:

a) (P) vudng goc véi dudng thiang qua hai diém A, B thi (P) ¢6 VTPT ne = AB.

b) (P) song song véi (Q) thi (P) VTPT ne =no.

¢) (P) qua ba diém khdng thang hang A, B, C thi (P) c6 VTPT ne = [Ha,?c} .

d) (P) chira duong thang AB va song song voi dudng thang CD  (hoic (P) song song véi hai

dusng thing AB va CD) thi (P) ¢6 VTPT ne =[ AB,CD |.

e) (P) qua hai diém M, N va vudng goc véi mat phing (Q) thi (P) c6 VTPT ne = [W\i ﬁo} .

f) (P) vudng goc vei hai mat phing (Q) va (R) thi (P) ¢6 VTPT ne =[ no,ne |.

g) (P) vuéng goc véi truc toa do thi nhan vecto don vi caa truc toa do d6 lam VTPT.

h) (P) vudng goc véi duong thiang d thi (P) c6 VTPT ne =uqs (U4 12 VTCP cia d)

i) (P) chura truc Ox va diém M thi (P) 6 VTPT ne = [Wﬂ . 1=(L0;0) 1a vecto don vi truc OX

j) (P) chira truc Oy va diém M thi (P) c6 VTPT ne = [Wﬂ . j=(0:1;0) 14 vecto don vi truc Ox

k) (P) chia truc Oz va diém M thi (P) c6 VTPT ne = OM,k |.k=(0;0;1) la vecto don vi truc Ox

) (P) chira 2 dudng thang cét nhau d,,d, thi (P) c6 VTPT ne =[al,az], trong d6 Ui, Uz lan luot
la VTCP cua d,,d, (xem bai dwong thang)

m) (P) chira duong thang d, va song song véi duong thang d, (d,,d, chéo nhau) thi (P) c6 VTPT
Ne = [Gl, Gz] :

n) (P) chira hai dwong thang song song d,,d,. Trén d; lay diém My va trén d; lay diém My, (P) c6
VTPT ne = M;M,, s | hogc ne = MM,z |.

BAI TAP.

Bai 1. Cho A(-1;2;3), B(2; —4:3), C(4;5;6). Viét phuong trinh mat phang:
a) di qua A va nhan vecto n(L-15) lam vecto phap tuyén
b) di qua A biét ring hai vécto cb gia song song mp d6 1a a(L;2;-1), b(2;-1;3)
¢) qua C va vudng goc vai duong thing AB
d) trung truc cua doan AC e) qua ba diém A, B, C.
Bai 2. Viét phuong trinh mat phang («) trong cac trudng hop sau:
a) (@) vudng goc voi AB tai A, biét A(1;0;-2), B(2;1;1).
b) (a) qua ba diem M(2;-1;3), N(4;2;1), P(-1;2;3).
Bai 3. Trong khong gian Oxyz, cho A(-2; 2; 4) , B(-2; 2; 0), C(-5; 2; 0), D(-2; 1; 0).
a) Viét phuong trinh mat phing (ABC). b) Viét PTMP qua D va song song véi (ABC).
Trang 10



¢) Ching té A, B, C, D la bén dinh cua mot tir dién. 7
d) Viet PTMP qua hai diém A, B va song song voi duong thang CD.
Bai 4. Viét phuong trinh mat phang:

a) chira truc Ox va diém A(1; 2; 3) b) chta truc Oy va diém B(-2 ; 3 ; 5)

¢) chira truc Oz va diém C(2 ; -1 ; 2) d) qua M(1;3; —2) va song song v&i mpOXxy.
Bai 5. Cho tir dién ABCD c6 A(5; 1; 3), B(1; 6; 2), C(5; 0; 4), D(4; 0; 6)

a) Viét phuong trinh mp (ACD) va (BCD) b) Viét PT mp chira AB va song song CD

¢) Viét phuong trinh mp chtra CD va song song AB.
Bai 6. Cho diém M(-2; 3; 1).

a) Viét phuong trinh mp(P) di qua hinh chiéu cua M trén cac truc toa do.

b) Viét phuong trinh mp di qua cac diém lan luot 1a hinh chiéu caa M Ién cac tryc toa do.

¢) Viét PTMP (P) di qua diém M va cit cac truc toa do Ox, Oy, Oz lan luot tai cac diém A, B, C sao
cho M la trong tdm tam giac ABC.

¢) Viét PTMP (P) di qua diém M va cit cac truc toa do Ox, Oy, Oz lan luot tai cac diém A, B, C sao
cho M la truc tdm tam giac ABC.
Bai 7. Viét phuong trinh mat phang («) trong cac trudng hop sau:

a) (o) qua A(0; —2; 1) va song song vai mat phang (B): x —3z+1=0.

b) (o) qua B(2 ; 3 ; —2) va song song véi mat phang (B): x — 3y + 2z —1=0.

¢) (o) qua C(-1; 2 ; —1) va song song véi mat phang (B): 2x +y —2z+4=0

d) (o) qua goc toa &6 va song song véi mat phang (B): 4x +y —z+1=0.
Bai 8. Viét phuong trinh mat phang («) trong céac truong hop sau:

a) (o) qua hai diém A(3;1;-1), B(2;—1;4) va vudng goc véi mit phang (B):2x -y +3z+ 1 = 0.

b) (@) qua hai diém A(-10;3),B(5;2;3) va vudng goc véi mat phang (B):2x+y—z=0

c) (@) qua hai diem A(L0;1), B(1;2;4) va vudng goc véi mét phang (8):x—z+3=0

d) (@) qua hai diém A(2;-12),B(L-2;3) va vudng goc véi mit phang (A): 3x+2y—6=0

e) (P) qua hai diém A(1;2;1), B(-2 ; 2 ;0) va vudng goc véi mp(Q) : x —y + 2z — 10 = 0.
Bai 9. Viét phuong trinh mit phang (P) trong cac truong hop sau:

a) (P) qua diém M(1; -2 ; 3) va vudng goc voi 2mp (o) : x—y+2z—-3=0, ():2x+3y—z=0.

b) qua B(4 ; -2 ; —1) va vubng goc véi 2 mp (Oxy), mp (P) : x—y+2z+1=0

¢) di qua diém A(1; 1; 1), vudng goc véi 2mp (P1) : X+ 2y +3z+4=0, (Py):3x+2y—-z+1=0,
Bai toan vi tri treong d6i, khoang cach va gdc.
a) Vi tri twong ddi cuiia hai mat phing

Cho hai mat phang (P): Ax+By+Cz+D=0va(P’): A’x+B’y+C’z+D’=0.

Khi do:
. A B C
P)cit(P’) & —#— hoic © —#—= hoic © = *—;
o (P)cat(P) A7 g hoic € F 5 hodc © 5P
A B C D
° (P)//(P’)QK_E_E?&E'
_ A B C D
"R EE) AR C D

* Luuy: (P)L(P)<ne Lnp < npner <> AA+BB+CC'=0
b) Géc giira hai mat phqﬁng
Cho hai mat phang c6 phuong trinh: (P): AXx+By+Cz+D,=0 va (Q):
A x+B,y+C,z+D, =0.

‘HP'HQ‘ _ |A1A2 +B,B, + ClCZ|

Goi ¢ la goc gira (P) va (Q). Khi do: cosp=—————= :
ne|no|  JAZ+B7+C2\[AZ+B2+C2
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¢) Khoang cach. Cho mp(P): Ax + By + Cz + D =0 va diém M(XpsYmiZm) -
|Axy + By +Czy, +D|

JAZ + B2+ C?
d) Vi tri twong d6i giira mit phang va mit cau.
Cho mp(P) va mat cau (S) tam |, ban kinh R.
a) d[1,(P)] > R: (P) va (S) khong c6 diém chung.
b) d[1,(P)] = R: (P) tiép xtic véi (S) tai diém M, ta néi (P) la tiép dién cua (S), M la tiép diém
(M 12 hinh chiéu vudng goc cua I [én (P)).
¢) d[1,(P)] < R: (P) cit (P) theo mot giao tuyén 1a duong tron (C) c6 tam K va ban kinhr. (K la

hinh chiéu vudng goc cia | 1én (P), r =R —d?[1,(P)] ).

e) Tiép dién ciia mat cau.
a) (P) la tiép dién cua mat cau (S) tam | tai tiép diém M, khi d6 (P) qua M va c6 VIPT
ne =MI.
b) (P) la tiép dién cua mit cau (S) tam I, ban kinh R < d[1,(P)] =R
BAI TAP.
Bai 1. Xét vi tri trong dbi caa hai mat phang:
a)(P):2x+3y-z-5=0va(Q):2x+y-z+8=0.
b) (P):3x—y-2z+7=0va(Q): —6x+2y+4z+1=0.
C)(P):x+y—-3z-2=0va(Q):—3x—-3y+9z+6=0.
Bai 2. Tinh khoang cach tir A dén mit phang (P):
a) (P):2x+2y-z-22=0,A(1;2;-2). b)(P):3x-4z-15=0,A(2; 1, 1).
Bai 3. Viét phu()’ng trinh mat cau (S) biét rang:
a) (S) c6 tam 1(2;1;2) va tiép xc mat phang (P):x—-2y+2z-20=0.
b) (S) co tam I(1; -1; 3) va tiép xtc véi mat phang (P): 2x + y-3z-7=0.
¢) (S) ¢ tam | nam trén truc Ox , di qua diém A(0;1;2) va tiép xuc véi mp(P): 4x — 3y + 7 = 0.
Bai 4. Cho mit cau (S): (x—1)%+(y+2)*+(z—3)* =9.
a) Tim tdm | va t ban kinh ciia mat cau (S).
b) Viét phwong trinh tiép dién cua (S) tai diém M(2:— 4; 4).
¢) Viét phuong trinh tiép dién cua (S), biét tiép dien song song véi mp(P): 2x —y — 2z + 30 = 0.
d) Viét phuong trinh mét phang (Q) tiép xuc véi (S) va song song voi (Q): x+y—2z+1=0.
Bai 5. Cho bén diém A(5; 1; 3), B(1; 6; 2), C(5; 0; 4), D(4; 0; 6). Viét phuong trinh mat phang (P) di
qua hai diém C, D va cach déu hai diém A, B.

Bai 6. Cho mat cau (S): x® +y? +z° —4x+2y+8z-4=0.
a) Tim tdm va bén kinh cua (S).
b) Viét phuong trinh tiép dién cua (S) tai tiép diém M(O0; 3; -1).
C) Vlep phuong trinh mit phang (P) song song véi (Q:x+2y-2z-1=0va tiép xtc véi (S).
d) Viép PT mat phang (P) vudng goc véi hai mat phang (a): x +y—3z2—1=0, (B): 3x +y+2
=0 va tiép xuc vai (S).

d[M, (P)] =
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